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, \alpha $\in K$ \langle , ,
$\alpha=\sum_{i=0}^{d-}1a_{i}\theta^{i}$ $(a_{i}\in \mathrm{Q}, d=[K : \mathrm{Q}|)$ , .
It’ , $f(x)$ , $f(x)=0$ \theta $I=$
( $?$” $t$ ] , $\alpha=\sum_{=0}^{d-1}.\cdot a:\theta i\in$ K
([6]).
1 . $A(x)= \sum_{i=0}^{d-}1a:xi$ .
2. $A=0$ $0$ . $\deg A=0$ , $A(\in \mathrm{Q})$ .
3. $\deg A>0$ $I$ $I^{*}=(r^{*}, t*]$ , $\theta$ , $A(x)=0$
( ). $A(t^{*})$ \alpha .
, $K$
. , $[I\iota’ : \mathrm{Q}]$ ,
( , , ,
), .
, \alpha $f$ , $\alpha$
$I$ $(f, I)$ . , $I$ $f(x)=0$ \alpha
. $f$ , \alpha $0$ $f=x$ . $\alpha$ $0$
, , I \alpha $0$
\alpha .
, . ,
$\alpha$ , \beta , $(f, I),$ $(g, J)$ , $\alpha+\beta$
([6], [4]). , $f(x-y)$ $g(y)$ , y $h(x)$ . , $h(x)$
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$\mathrm{Q}$ $h(x)$ \alpha +\beta , $h(x)$ \alpha +\beta
. , $I,$ $J$ , $h(x)=0$ \alpha +\beta










1 \alpha , $m(\alpha)>0$ .
2. B , \alpha , $77l(\alpha)\leq M$ , $\alpha=0$
$0<B(M)\leq|\alpha|$ .
3. $B+,$ $B_{-}$ , B , $\alpha$ , \beta $m(\alpha)\leq M,$ $m(\beta)\leq N$
$d$ , $e$ ,
$m(\alpha+\beta)$ $\leq$ $B_{+}(M, N, d, e)$ ,
$m(\alpha-\beta)$ $\leq$ $B_{-}(M, N, d, e)$ ,
$m(\alpha\beta)$ $\leq$ $B_{\cross}(M, N, d, e)$ .
measure , $\alpha$ ( ) .
, $P(x)= \sum_{i=0}^{d}oix^{i}\in \mathrm{C}[x1$ ,
$||P||$ $=$ $(_{i=} \sum_{\mathrm{o}}^{d}|oi|2)1/2$ ,
$L(P)$ $=$ $\sum_{\mathrm{i}=0}^{d}|a_{i}|$ ,




, measure Mahler ([7]) .
1 – $P(x)= \sum_{*=0^{a_{iX}}}^{d}.:=a_{d}\prod_{i=1}^{d}(x-\alpha_{i})$ , P measure
$M(P)$ .
$M(P)=|a_{d}| \prod \mathrm{m}\mathrm{a}\mathrm{x}d\{1, |\alpha:|\}$ .
$i=1$
\alpha , \alpha measure $M(\alpha)$ .
$M(\alpha)=M(P)$ .
, $P$ \alpha .
1 Mahler measure $M$ .
1. \alpha , $M(\alpha)\geq 1$ .
2. $M(\alpha)\leq M$ , $\alpha=0\text{ }\frac{1}{M}\leq|\alpha|\leq M$ .
3. $\alpha$ , \beta $d$ , $e$ ,
$M(\alpha\pm\beta)$ $\leq$ $2^{d_{\mathrm{C}}}M(\alpha)^{\mathrm{c}}M(\beta)d$ ,
$M(\alpha\beta)$ $\leq$ $M(\alpha)^{\mathrm{e}_{M}}(\beta)d$ .
[2] . Mahler measure .
1 $M(P)$ . (Landau ) $([\mathit{5}J)$ .
$M(P)\leq||P||$ .





1. $\alpha$ m . $I$ \alpha ($\alpha$ ), $M\geq$
$M(\alpha)$ , (I, $m,$ $M$ ) \alpha .
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2. .
(I, $m,$ $M$ ) $\pm(J, n, N)$ $=$ $(I\pm J,$ $mn,$ $2^{mn_{MN^{m})}}\mathfrak{n}$ ,
(I, $m,$ $M$ ) $\cross(J, n, N)$ $=$ $(I\cross J, mn, M^{n}N^{m})$ .
, $I\pm J,$ $I\cross$ $([\mathit{1}J)$ .
, \mu ,
\mu . , .
1 $\alpha_{1},$ $\alpha_{2},$ $\ldots,$ $\alpha_{k}$ . \alpha
. , $\alpha_{1},$ $\alpha_{2},$ $\ldots,$ $\alpha_{k}$ , $\alpha$
2 $([a, b1, m, M)$ . ,
1. $a\leq 0\leq b$ $\max\{-a, b\}<\frac{1}{M}$ , $\alpha=0$ .














4. $0$ , (
), .





. $\mathrm{H}\mathrm{P}9000/735$ Maple VRelease 3([3]) . ,
, Maple Share Library intpak (by Connell, A. E. and Corlcss,
R. M) . .
1 $\sqrt{2}\cdot\sqrt{3}-\frac{211462}{86329}(>0)$ . , $\frac{211462}{86329}$ 10 .
$\frac{211462}{86329}=2+\underline{1}$
$\underline{1}$ $\underline{1}$ $\underline{1}$ $\underline{1}$
.
$\frac{2+4+2+4+\cdots+4}{10}$
10 11 . $\sqrt{2}l\sqrt{3}J\frac{211462}{86s_{\sim}9}$, , ,
([1.4142135623, 14142135624], 2, 2),
(|1.7320508075, 17320508076], 2, 3),
(|2.4494897427, 24494897428], 1, 211462),
. $\sqrt{2}\cdot\sqrt{3}$ ,
([2.4494897425, 24494897430], 4, 36),
$( \sqrt{2}\cdot\sqrt{3})-\frac{211462}{86329}$ ,
$(1^{-\mathrm{o}.30}000000001 \cross 10^{-9},0.30000000001 \cross 10^{-9}],$ $4$ ,1151733038517097558926336),
. $[-0.30\mathrm{o}\mathrm{o}\mathrm{o}\mathrm{o}\mathrm{o}0001 \cross 10^{-9},0.3\mathrm{o}\mathrm{o}\mathrm{o}0000001\cross 10^{-9}]$ $0$ ,
0.30000000001 $\cross 10^{-9}$ $>$ $\frac{1}{1151733038517097558926336}$
$=$ 0.868 $\cdots\cross 10^{-24}$
, .
, 10 12 . $\sqrt{2},$ $\sqrt{3},$ $\frac{211462}{86329}$ ,
,
(|1.41421356237, 141421356238], 2, 2),
([1.73205080756, 173205080757], 2, 3),
$(1^{2.44948}974272, 244948974273]$ , 1, 211462),
. $\sqrt{2}$ . ,
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(|2.44948974276, 244948974281], 4, 36),
(I. $\sqrt{3}$) $- \frac{211462}{86329}$ ,
$(1^{\mathrm{o}.29999999}9999 \cross 10^{-10},0.900000000001 \cross 10^{-10}],$ $4,1151733038517097558926336)$ ,
. [$0.299\dot{9}99999999\cross 10^{-10},0.900000000001$ $\cross 10^{-10}1$ ,
.
2 $\sqrt{2}\cdot\sqrt{3}-\sqrt{6}(=0)$ .
10 10 . $\sqrt{2},$ $\sqrt{3}$, J ,
$(1^{1.4}14213562, 1414213563]$ , 2, 2),
$(1^{1.732}050807, 1732050808]$ , 2, 3),
$(1^{2.449}489742, 2449489743]$ , 2, 6),
. $\sqrt{2}\cdot\sqrt{3}$ ,
$(1^{2.44}9489740, 2449489745]$ , 4, 36),
$(\sqrt{2}$ . $\sqrt$3 $)$ –J ,
$(1^{-\mathrm{o}.3}000000001 \cross 10^{-8},0.3000000001 \cross 10^{-8}],$ $8$ , 429981696),
. $1^{-0.3000}000001$ $\cross 10^{-8},0.3000000001$ $\cross 10^{-8}$ ] $0$ ,
0.3000000001 $\cross 10^{-8}>\frac{1}{429981696}=0.2325\cdots\cross 10^{-8}$
, .
, 10 11 . $\sqrt{2},$ $\sqrt{3},$ $\sqrt{6}$ ,
([1.4142135623, 14142135624], 2, 2),
(|1.7320508075, 17320508076], 2, 3),
(|2.4494897427, 24494897428], 2, 6),
. $\sqrt{2}\cdot\sqrt{3}$ ,
$(1^{2.449}4897425, 24494897430]$ , 4, 36),
$(\sqrt{2}\cdot\sqrt{3})-\sqrt{6}$ ,
$([-0.30000000001 \cross 10^{-9},0.30000000001 \cross 10^{-9}], 8,429981696)$ ,
. $1^{-\mathrm{o}.3}0000000001$ $\cross 10^{-9},0.30000000001\cross 10^{-9}$] $0$ ,
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